



































































































Beforeapproachingtheideaof DeGiorgi ModicaandMortole 31 01.2023

by meansof I convergence let us underline thefollowingpropertyof I convergence
Remark Assume that Fe F are funitionalssatisfying Fe F and assure

thatwe minimize Fa te eRt Then we minimizesalso deFe the o
Consider now thesequenceoffunctions be HeFe and assume that

vet converges too andthatequicoerinity or equivalentcompartners conditions

are satisfied Then thefollowingconditions hold true

11 we minimizer both Fe and Ga Ve ie o

2 Ge F

3 Differentchoiceof tagivedifferent I limits
41 v is a minimizer of F bythefundamental th of I convergence
51 Informationabout o are obtainedalsobystudying the I limits

of therescaled functionals Gela
Example If F is constant any pointv is a minimizer ofF and no 141given no

information aboutthe natureof v seen as the limitoffog whilethe

I limit of Gal can provide moreinformation for suitable ta o

Consider now our case where we have

Vdwalls Ee ul t few u int dx t E f un ok Ue wt frColmHilliard

eggs an F ul t TH Su we Br let
Sham that

al Ee E when Elul W u txt dx

b If he to and atexo then let
I E when E u

if t

to otherwise

I If al too then late E where Elul to tieadmissible






































































































Thequestionanswered ly DeGiorgi Modica Matale is thenextone

Q In there a certain role he o n't laFa F

Th Modica Martok 119771

Let r eIR beopenand bounded anddenotethespaceofadmissibleconfigurations
X u e L r s t u ly cto I Vx er andLundeV

for oc Vc volts Moreoverset ri z f Nds and forevery eeRt let
E Ee X R u to

ul Falui theW a t d tEl an ok if hewas f

to if usXW tr
and let F X R u to

ul F at
r H ISul if Ue Bu tr o e

too if usX Bu Is o131

Then Fa I converges to F in thestang topology of L Irl
Moreover Fe one equicoercive and sothefundamentaltheoremofI convergence can be
applied

Proof weshowtheresultin the s dimensionalcore

If n t then D labl vol tri b a lb aland Velo b a

Xi u e L la b s t u ly eto I txeleb andfunde Va

W IR IR is a doublewellpotential a t saleb W1st o o e

0 21 rads Su a to jumppoints n t

off I XTb
and H SulbecomesthenumberofJumps






































































































Aswe already said T represents a lowerboundofthe energeticcostofthrteurition
and no t.tl Isat is thenumberof jumps timesthecat
STEPA limit inequality Let us Ue X satisfy u u in L leb strong

and let e so as yr too Weshowthat

H1 Flutelegit Fe lust
Firstnotethat if fiveLFe lust to theclaimis timed

Assume then that lineL Fe last to thatis thereexists a notrelabeledsubsequence
sit leggyFa last too

Thus there exists de R suchthat Felast ed and no bythedefinitionof Fe
t upto furthersulseg u u a e in aib foundedseg.int
21 u eWA2 e bl u eLaleb ale eL labl t Itu IEEFelasteat
3 I abw laint

dx Ed w lyint dx E C E o as g to

Will I 0 in H ebl DWill I o e e ou lebl
tuptofurthersalsa

Since W is continuous then it impliesthat

What W lat a e in lebl
and no by13 Wiant o e e xe lebl Therefore

uh e o 1 e e xelebl

beingW e double well potential
Rework Since U u in L labl story byhypothesis thereexists tank e us 1 t

U u a e in labl
However high Fe tuat core bealso too

Weconcludebyshowing that uhas a finitenumberofJung i.e Flat Ltd






































































































Notethat Iu Indy V Agent implies that LundeV next
Moreover not that Su to Otherwise we have onlytwo possibilities

al u o Lb u dx o c V

at u t a Ludx b e V

Let ta theSu Forany ie a N thenexist ant es e la bl n t

il ai c ti c ait c ait
it fig u lait a lait being a a a e in labl
in a tail talent

i
it
Lasted

o

U last 1
M J Ato on

us leftwit

f hey
t
as 3 to

0

audio in anyinterred lei anti us hes retention around o and e

Thefore Falu is it É II whywld xtE aim ok

I a Iii whole 2 founda no
i 1

hints Fe lust no Ne flight Fe lusteg H Sal E f ue BV

If we repeatthesameargumentconsidering ay possiblesoup we finallyget 11






































































































STEP2 Equi coercivityof Fate
CLAIM Fatual c C HeeRt F E no as j to f ut X n t Ue u

in LALabl stang
Fix UseX n t Fa tua ca Then UeeWhilebl and Ueefo t
Consider themap of o 1 Ru to

t I altl Itwinds
Byconstantan deCaloth win continual and d is stitly increasing being

d Itt of E fo t
Moreover dude nettleglueItll D wetW lebl Iwell Ed and bythe
chainrule

we Iti dtu itll neItt fall Ue Itt

and so

I ve ltl dt wine uiltl.tt

Young e I l Wluettildtt Lb udth at

I Feluel Ed D lively I d te ert

Then I re is uniformly in W labl and no F E s o on jato and

F ve L labl nit we v in L lebl
Toconclude devote u I d Iv1 Then

Ug d Irest 4 v U in L lebl strong

whichimplies the equicoercivity of Fel


